Modal Propositional Logic Theorems

K-Theorems
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O(PAQ)—(OPACQ)
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O~P—0(P—Q)
~O(QAR)—D(Q—~R)
[B(P=Q)AB(P—~Q)] —» B(P—~P)
(OPAOQ)—O(PAQ)

. O(P—Q)—(O0P—0Q)

. (OPvVOQ)—O(PVQ)

. [O(Q—P)AO(~Q—P)] «— OP
[O(P—QUAT(P—~Q)] — ~OP

. O(PVQ)—(OPVCQ)

- [O(P—QAT(Q—R)] » D(P—R)
. (OPAOQ)—DO(PQ)

. O(PVQ)—(OPVOQ)

. (OPAOQ)—=O(PAQ)
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[OOCPACO(P—Q)]—-00Q
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D-Theorems

25. OOP—OOP

26. OOP—OOP

27. OP—-O(Q—P)

28. ~O(PA~P)

29. [OPAO(P—-Q)]—<Q
30. ~(OPAO~P)

31, O{[(P-Q)—=P]—P}

32. ~O[O(PAQAD(P—~Q)]
33. (O~PVO~Q)V O(PAQ)

T-Theorems

34. OP—-0OOP

35. OOP—O(PVQ)

36. [OPACO(P—Q)]—<CQ
37. O(P—0Q)—(0P—0Q)

B-Theorems

38. COP—-OOP

39. OOP«—CO000OP

4o0. ~O(OOOCPAO~P)

41. [OPAOCO(P—Q)]—0Q

S4-Theorems (43, 44 47, 48, and 49 are also B-theorems)

42. (OPAOQ)—O(PADQ)
43. OP—-0OCOP



44. OOP—-0OS0OOP

45. (OPVOQ)—O(OPVOQ)

46. D[O(P—Q)—R] - O[O(Pe>Q)~OR]
47. OCOOP—-OOP

48. SOP—-oOO0OP

49. COCOP—-OOP

S5-Theorems

50. OOOQCOP«—OP

51. OOOOP«—0O0OP

52. O(~PVOQ)—(O~PVOQ)
53. O(~PVOQ)«—(~OPVOQ)
54. (OPVOQ)«—O(PVOQ)

55. O(PAOQ)—=(OPACQ)

56. (OPAOQ)—O(PADQ)

57. O(OP—-0OQ)VO(OQ—OP)
58. D[O(0P>Q) > O(P—~OQ)]



